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EXERCITATIONES
A N ALYTIC A E,
= Auc torc

L EVLERDO
1.
Non parum _notatu digna videtur relatio » quam

inter fummas harum ferieram d1uergcntium

2™ g™ g™ 5™ erc,
et iftarum conuergentium.

: T 1y 5
l+:z+’—n+-a—!.—"i+etcs .

1ntercedcre ohm ob{éruaul, et quac 1ta fe habet" |

;...2 +3 —4.+etc :; :

1—2 453" — 4" 4 ete, :_-.;_+’ '(I+;=+s=+7=+ etc}

I-—-z +3° -—4- +ete. = i _

12" 8 — 4 fete.mm g mmre ”( +’,!'+ +’ +etc.}

1 —2 +3 —4- +etc. ==

1—2 ‘+3° — 45 tetc. = Pz "*””(I-l—a&—l-sﬁ-l— ¢+etC)!

- z—z+o_—++etc =%

1—2"+3’ —4 [ et —im— _’”"' ’(1+3—-‘+5.,+ +etc.)
T *+3' —4-+etc.’— T

T E-—-2 + 3 '—1- -i_—etc. :‘.’é,ﬁ: ;.,';;; H(I"l‘ xq+ilc+,1o+etc )
: Y3 vhi
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vbi w denotat peripheriam circuli, cnins diameter

— 1.
. Hinc concludere licet, in genere inter has
{eries infinitas -
r 1 T
T— 2" 3T — g T e et Th Gt S et
huinsmodi relationem loczm habere, vt {it,
Irén"‘—{—-3ﬂmi—4-"“’+_'etca

-—“— 2-1-203.;--(‘73“1)" E_ E_ l o
— N (54 Gdmbee)

v

¥bi ‘quidem nomimus, quoties # fuerit numerus im-
‘par excepto cafd #— 1, fore N-=o 3 quoties au-
tem fit # numerus par, effe N vel 4 1 wel — 1.
Scilicet fi fit # numerus impariter par formae
4m—+ 2, erit N==—+4-1, fin autem  # numerus
pariter par formae 4 m, erit N =—1. Vnde cu-
jusmodi fun®io N fit ipfins # hand difficulter con-
iicere licebit ; cum
i #— 2,3, 4,5, 6,7, B8,9,10,77, 12, I3 etc.
fit N=+1, 0,—1, 0, +1, 0,—1, 0,41, 0y—I; O et
3. Neque etism , fi rem attentius perpenda-
mus, €afus # — 1 huic legi aduerfatur, qua fieri
débet N == o; nihil enim impedit, quo minus hanc
gequalitatem admittamus: - j
L a2t 30— 40+ ete. = 2o (15 i st ete)
quandoquidern feriei ' |
It 3=t § - 7 et .
| - fumma
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fumma eft infinita, vndc vtzque ﬁer.t poteft % GBS
{en fummae feriei
:—I—i—z-—:-—!—-etc. -

Quamobrem fine vlla exceptione |

fi fuerit #==1,. 2,3, 4,5 6,7, 8,0 etc.

erit -+ Nz== o, +1,0,—1,9, 41, 0, —F; 0 €tCs
cui guidem legi inpumerae formulae proN affumen~
" dae fatisficere poffunt.  Verum dubitare nen licet,

quin fimplicima maximeque - naturalis hic locum
inueniat , quse eft N — coll =27, denotante hic 7

angufum ducbus reétis a"cqualem quonizm finus to-
tus — ¢ affumitur, vt 7 fit femicircumferentia

c1rcu11.

. Admiffa ergo hac come&ura, habebimus.

IH; genare - v
_ . A—2 1.2.9,.(n-1
Y2 g g et 2 cof. 2 T (1) ‘

,nﬂ-
I
(x—l—'gn——i'-;,-—f—etc.j
five _conwertcndo: ‘ L
| | -,'rw
I n+ $n+7 = Tete. = COI 1":..37; T 2‘3””(’1_1)

(1 =27 = gP T 47 etel)
stque ex praecedentibus manifeflum eft, hanc aequa-
Yitatem rcucra confiflere quotics fuent #_-numerns
par , neque etiam a veritate discedere cafibus, qui-
bus # eft numerus 1mpam Quare fi ea vera ﬁt -pro

cafi-
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‘ ea,ﬁlms‘_ ;| Guibas nief: tumerus frackos’, ~formifae;
1.2 8- (n — 1) valores per interpolationem 4s=
fignari debent, qui quidem .pro _femifibus ifa e
habent : o T

g1 : co A

in—-—1—1%, :, i, z, 2, etc “

ﬁlﬂt ¥ 153 W 1.3.5 . TeZiSey Y Te%e5a 7e ,
Vo Vs eV ms “—“,._2.,.'21/'”’ penrs Y et

et cof BT — X . L~ L - 23 :
a T ot Bttt B

, 5. Pro his ergo cafibus habebimus:. -
,+ﬁ;+é-i—;_—\—;l—+etp;:+ Yiog (:——1/2'—1—'1/3;—'1/4——1/5'—etc.)

s V 4 .'; 71’ o -
I+;,1v—3+’§-,i‘,-;+77’_'77+e;c.:—‘_+ ’Ti;z m (1—2Ve2+3 V3—4V 44 etc))
14 i T TG =T 7 (1—2"V 243 Va—4 V4 tetc)

: . ; : - 4 i J T
X i i e R o (17 Va+8'V3—4"V4tetc)

14l by, Ty, Tee =t 1692 12"V 243" 34V 4-Tetc)

) 12 Za 3700’

: etc. _
quae aequ’afitat'cs , an abfolute fint verae , pertinaci-
ter affeuerare non aufim; fcrutari ergo conuenit,
pum feriebus per approximationem fummatis fatis-
flat 5 ac pro prima quidermn colligimus

—V 24V 5=V 44V5 — etc. == O, 380319 proxime
qui numeras per @V 2 multiplicatur dat 1,6896635,
cui fumma feriei = - ' :

X LI T .

S ¢ *{‘m'i‘m—l"metca
proxime aequalis deprehenditur..

6. Quodidm autem NUMEKs imparibus pro 7

accipiendis hinc nihil concludi poffe videtur, propte-
o g rea



rea quod alterum membrum nofirae  acquationis sbit
in g; vt hos valores inueftigemus , pro # ponamus nu~
merum:infinite parum excedentermn numerum integrum,
feu foribamus 27— @ ~loco #, denotants & fiactio~

nem inﬁnite parsam ; atque habebimus : .
' T : S e

I+ ”+m+ ""‘"" 7“+”hidctc“:2£of.“—“i;rﬂ’ﬂ‘1.2.'....(?2—1+w)
(I""‘ 2?1—1+m+ 3“'"_1'}'(”-—4-“—1—}—“’-{—8{(:,)
Hic igitur primo obferno effe

z ,
m_,_m:a_““"‘“‘"--*«zr“"’ (x — wla)

a :
vbi logarithmi naturales feu hy rerbohcz funt mtel-

ligendi, ita vt fit
1 I wla

g d"‘"f‘w::aﬁ a"
Simili modo erit .
AT — g g g 34, et q;“‘l’m: n(I -l—(ﬂl."ﬂ');‘
tum vero it ‘ - | '

cof, 2= =+”7r~coi”’“”vr-——mwﬁﬂ B=t,

Demque cum oftenderim olim formulae 1. 2757 1)
valorem cafu 7= 1 efle — 1 — o, 57721566 4,
fi fcribamuns breultans gratia ?\:: 0,57721 66490153235
fumendo #=1; =2 ; 33 +a 5 etc.
fit 1.2, (8-1HDZ1-A05 T-HT-AJu; 2+ (3-2M)ey 64+H(TI-6AN; 24-1-(50-24?\)(9&:&.
7. Confideremvs hinc potifimum cafum #= 3,
quandoqmdem haec feries
= -+ o - & et
Tom X‘Vll Nou‘Comm. - Z ita
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ita eft comparata, vt omnes adhuc labores ad eius
fummam inuveftigandam froftra fufcepti fint. Cum
igitur fit cof =% w=—o et fin. 2=2 5 == 1, noftra
gequatio hanc induet formam s

1+ G+ 55t et m(rtwlm)y 1—2"43 —4 tete.
”W'll'hs TZs__]_I7+ eLc. T w 2-—!—(3—2?\.)&) 7"'03(2":]2'32]3—[—4-2[4' —.th.)

Vcrum qula

1— 2 -+ 3 —4 +etc — 0,
pofitc w = o, habebimus
Ttsfatatee=in(al2-3 13++l+—5 *I5+etc.)

ficque ad feopum pestingeremus , fi huius feriei lo-
garithmicae

2° /2~ 3" I3 %{—4214#5’15 —}- etc.
fummam aflignare liceret.  Simili autem modo pro
reliquis poteftatibus reperitur

TGt L Lebee. = 2 (22— 3 g+4" 45" 1 5 fetc)
1+5+5 +5Fete. = "—“6( 2%l 2 3‘13+4. 14—5°15 +etc.)
Etnto; 9~retc o _“"” (2 12-—3 I3+4'14—5"15 +etc.)

8. Propoﬁta ergo nobis fit haec feries infinita:
2']e~8 lg+4 la—3 1346716~ 717+ etc.=
vefiat T+LA4 S5 +etr imnZ,
defpewmus, notetuf |

¢t quo minus de eius fu
effc

h-—la-ﬁ—i‘}.-—ls-{—w—et =:iJT
' Illa
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Tila autem feries Z in plutes formas transmutari
poteft , veluti

Z““la—-ai“—&—-tsl*—1025+1515—2117+etc et

Z.....lz z_l__+l4 +__I_916 6_*__16]9 n__l__251w I: etc,
S

' Si enim in gemere ponamus

CZmalnt e RIRE ey Mt - S 1] I8 — {12 ete.

efle debet 2o+ B—4 hincque 8= 4—2a|f=18—6u
a+2B+y—=9 V= I+3oz. N= 9+7a
€+2'y+8—16 S=10—40| §=28—82
'y-{—zé‘-} gE=25 e= 4.+:a!a._15+9a

hic vero famfmus a==1, ¥Vt proﬁ eflio maxime
fiat. regulans. :

Haec poﬁerlor forma maxime ad 1nﬂ1tu-
tum nrg{“‘hum videtur - accommodata , quonjam loga-
vithmi in feries conuergentes refoluuntor. Hunc in
finem pro terminis pofitinis hac refolutione vtar,
cum quilibet hac forma contineatur

aal A2E ::—-xxl(:—__

4333 . 4 XX
inde nafcitur haec feries mﬁmta :
O R R - b = e pb i ,+ctc) fen haec

I 1T
+3. 24‘ -+.3. 26 m4.+“ 2, ;i r 2!0' 3 + ﬁtc.
Pro termipis autem. negariuis forma generalis eft
{2 24177 — — :
(@ DI = e D )

+x(x.-+-l

Z 2 quie



1% EXBERCITATIONES

quae refoluitur in hanc feriem:

- T 1
orv— e, —

1 1 r
2%

T R T FEE TR wea o
| vnde valor ipfius Z in has feries transformatur :
Z=5(1~— 1—1—1-—-1—-{-—etc.)+-‘—--’1+ L R et )
(T —ﬁ—z,+i- +etc)+——'1+13 b L s ete)
Tt wmt - z+.,,¥+etc-) (T S gk b ete)
| 10. Quodﬁ nunc brenitatis gratia ponamus:
I+=='+'sa'+‘ —1- etc, —am ;
15— S - et = gm;
I '—-"+‘§g+ L etc. ==y n°
LA ete =87

vbi quldem numeri a, 8 1, 6 etc. funt cogmtl; et
quia

14— I -1 1gtc,==; e€rit
'z-.—-z_"ls _ + = 2,,(omr F L5 +,,+etc)
+;_1_ﬁr§qr -5 -——5;—-;-etc)-r——('y7r +5+ 63+m:—\-€'etc)

! _+5_ﬁ(5qt_._z_;_—7_—-etc)+ L S etc:)
vbi jam-totum negotinm ad fummauonj Eh harum
ferierum j | '

I

+ .-;- ,,-—}—etc..

et redu&um, quarum poteﬁatu‘m radices 2 f6, 1z 2—6--ete.
funt numeri pronici, |

II.

-
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1. Hois antem fericl fingnli tcrmini, quo-

rum form in partes fimplicium pote-
ﬂatem refolni poﬁ'unt quae ita (e habent ¥

.4 _!__ b

x{x-g-l)""x ®u

ot —r o, — Y
mg(x-—g-x}z — x2 + {x-—i-;]” 2 iy = + 1)
Y — _1'_ L 3-4
BE ) T ?"‘ fx—l-xﬁ —3 (xz + & {x+«J’ + (” x—i—t

r — 45 _h5b X
POy ety 347 + (=C+= W (-';c? + (x—l-: )3)—1 (ac*+(ac+-:‘z) Fale ;(” 'G-i-l)
Cum iam fummas praefixo figno / indicando fit

T ﬁ__ I .
.f (:r—l—ﬁ)";" e ot
5@3-73”
I
f (x-—l—-x)
I .~

fx (x+ 1)

2fxz—— —

l) + llbl-

1 4. 5.8

fx*(a . 1)“'" 2fa=* '.'I"‘i“"i‘:a:( fxz I)_: aes®

r2. In fingulis' his expreflionibus numeros.
abfolutos commode in vnum colhgcrc hcet , €L CUM
deinde fit

ﬁ:—z‘-*-aqr ,f-l-*gm ,f—s_.fyﬂr ,f'.":_é‘ar etes

Zs.. o 'habe#‘
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habebimus -
[ =

A P s
xzcx+7);_2a7r -

'.'

u

Tada s
fmg(v’c-!-l)s—" 3. 2a L s
[ deS X 45 By
fm(x+:>4~* 287 - oam — i

Fagp 5. 28 — il oy 2

LaZa3eqs 5

fﬂ‘(x+;)s—2’Y7T .-]—6_72137;_}_6._.7-3.92&1 o GeTBu0al 0T

TeZe e da5ad

etc.
vbi haec redu@io notatu digna eft obferuanda :
XD gl A ) Gt T, T 0.t O o
T _-—1.2 ."'...l.z.---u{ﬂ—'l}_-—l"z‘;"".' i

fit enim fumma ex lege nota

:[71-—4-:)(n.4—2)(f1+:)..-.-(2ﬂ—l)
Ta 2+ Z s e s om o« sit—a)

13. His igitur valoribus fubﬁitutis dbtine- ‘
bimus :
Z::’,, P (et o)+ Lt 2 san 4 ——('wr 2 )

45460 u
5. zm( = ++5 7 1. zQ-d.'Tf zg'n' )+ 2“(57[ +w 56.72&'“ "'5.2€7f)

1.207e8 IrZeZakel 1r2e3 .

22
72[4(%’ +6.-789!011 Ga7.Rug0 20&.7[ — Qg'ff“"ﬂ‘y‘n )+€EC.

I ‘2.5’;4-.!5,.6 s Tak

quae expreflio ;in ;@errles refoluitur :
I a3 Zade § NN . 7 :
Z*—'"_ 2ot : + +:.;.+.s fm+ L xz+et-c'

a2 . o2e2t 23, 25 23r 5528 20Za4a5e6e2
txqr" "y BrE Yy e & g qlo
+ +$nz¢++ zl+s}310 +6 z‘lz+etCD
24 _— 4 ___7_,3‘ 4s & 5a6s 7 Gu 72 Ba ]
- 4 ( + s 'u-ﬁ-s + 124527 + 1a2s3af.2%2 + Te2e3a 4870 z“)

+ ’7,-,,?,-, 8 ;*; Bs g IO, ”1. etc')

- 267;( YL + s 5 2” + Taze3, 828p 1. 2. e da pa 2 19

— 2™ o+ gl i b o I G ete)

Is2e3s s0p 259 1als Zoke 12 222

ﬁtci I4

t, 2.;;. z"‘*
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14 Hinc deducimur ad iftamt feriem infini-
tam generalem, quae illas: fencs numericas omaes
in fe complecfhtur :

X n (1 )nt-2) (ﬂ-l—a (n + 8) 44y

7. 2”"+(72+1 LTI P Y 3. (4 3) 2 **
(n-+-3)(n+4)nd5)(n+6)

2. 8. 4 (#44)27" "

cuius igitur f{emmam inueftigari oportet, - Quodfi

enim huius feriei fummam in genere hoc figno S{n)

indicemus , habebimus : .

=35 f2an’(is— SN+ 287 (-8 ()

2y (25 =S (7)) + 28 (5w — S (o)) Hete.

Series autem noftra gcncrahs ita commodms exhibe-

ri poLﬁ .
‘ a1 an pptr)uda) ntr)nta)(nt4)

”(’H‘I) S(”—- ot T +ozn+ + 2. poibs T 2. 5} o T
a1 )3 )45 ) (3+6) +ﬂ(ﬂ+1 n+-4)n-6 )\ﬂ+7)( +8)+etc
| 2. 3 ‘I‘ -2211-—1-3 . 2, 3 4 5 2=n+1u %—-_

vbi denominatores numero # carent. Poflunt etiam

finguli termini ita per faores repraefentari, vt fia~

toatur &

S(m=A-+AB-+ABC-- ABCD—I—ABCDE+ etc.

eritque

__‘_r _ . C‘_ (ﬂ-}-l)(ﬂ‘-’f—-l'). ‘ —_(n-}'-z“],’ﬂ-]'-;}.)‘..
~nat? ""—4,(?’,"1"1)’ —  geznm 7T T 4.3(ta)?
E . (n4-3)(n+-5 )(n+-6) } (n+4- (7+-7) (rr-*—&)

4.4 2)B+4) " T T 45 \,ﬁ+o)(ﬂ+5)

-+ etc.,

vhi
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vbi fador in genere hanc habet formam
- (n+1m:){n+ah—3)[u+,x_2)
Al A —2)in 42} I
15. Jocipiamus a. cafw ﬁmp‘hmmmn n—=1,
et quin factor in genere eft

7\(*)\—2}(2}\'—-1\ — A=,
TAR—=URET) T ahg-2?

:;; B&—Sj C——'ip D—-—g; E:‘i%; F:'?"et(:n
vode it - |
S()=j4Z (e kit g 5+“ . +6--:[:,;+etc)

Eele 1D

erit

Cum autem fit’
V(i—1)m il nlr it “57 _etC.—oO

_ Zn 4 Za de € 24 42 G0 1 J+ k. Ge 80 LD
erit I-~3 i—”+”’+ctc.__.<*—(1-—_)___
ideoque S{1)==%-4-:=3F et —I-S(1)=1
- .. 16. Quo gutem fummas 1el1quarum feriernm
facilius definire queamus, loco §» fcribamus &, vt

fit x =, et cum habmmus* ,

r— P I e ) G Pt (n+2:(n+s)(n+4 g
S{y—=ix" +(H_” o (o2 T - R At dete,

quae cafp 7= 1 abit in
S{n—wx -+ k.:l.H— bs gt ittt an Rl 52 x° +etc.

[TRTR 2a.3eda T

m——a A + “ A Te Be 5 . YC.I
feu §(x)mabErad aTh et F el e e At e et

2 Jad

vel S( Y xA-txa(r a4 <i'£xvé+f;izi*xs+’ "”"f\x +etc)

Z2a 3s 44 5
-?-79

vel S(z):x'“w *+w+:t+;§+& +;.JI§+ ChaTh 4'%'+etc)

At eft o
¥ (:-—-4&)__1—349: "q-""x’ Llef gy o ntns -t

] e 4a 6
vade ;—"or p (1-1—5.4«.2’.‘-} 25 g tapetc)= 1-ax-V{1-42)
w €rgo
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— :—zm-—d(z-——4.x),__:+:x—ll(l——4ﬂ)
X —~ 2

ergo SG)=
ficque pofito r=1 fit S{x)=¢(s+3=% vt fupra.

17. Ponamus ninc # = 3, fitque S{3)=Q,
exiftente S (1) ==

P_ﬂ,_,_zx—vu—“ﬂ, ita vt fit
B R

2a Sa £

Q:';'x *—Jr";x +E’jx -—}—56"‘—-}—6'7'93.' '-l-ﬂtc.

2e 30 & Zr3eda 7
Ex his colligitur.

LT N S S SV NP N N T VL. -0 T T
A J—_J ‘__—x, 2 «1' x a— wa e — D ‘4 o
P‘i‘x 0_32' o3 § 2 5o a5 Za To he 5 7 & £9F adaSaliol X etc‘

hincque differentianijo

peedP 40— o ,‘S o564 E_ 5.8 »
o Py il et R o ~x'- 5.1 ”53;\, pasd ".ux & “9 148"
. xdP - .F
t ¥x —ry 5&“ Fode § ,J_{-sﬁr,: 56739
a d + 35&'—}- %:" Fodaded, s J"+= Tade 51 6 6x

cuius triplum ad prmrem addltum praebet
oPr R0 Qe gpgd 0y 4l xt gy e sy +4. 220745 et

Za 32 4

et 4Px  —gxrtex +4.x ’x 44, biy g 445 ‘ 73_ rete,
hinc -2Py+22IF d‘l-xx ot dQ:4,xde—szdx-xxdx'
vnde ob dP:’dA—i—sm
dQ=-iudx+jadeV(1-48)+ SEEE% = mdx-i-zjifﬂ
et 1ntcgrand0 _
Q=~—ix ""‘*"*W’(t-——.q.a)-a—w
I:onatm;q % == ;; quo cafu fit P=1%, erit Q=%
ita vt it . : -

S(I)“NS(3):"% ! E+S(I)-—n =9 (8)=—3u
. T@m.XVIlN Comm. Aa 18,

colligitur



186 EXERCITATIONES

18, Ponamus nunc in genere S(n)y=P, e
fequentem fummam S (n - 2} == Q_ erit

7 s 3 nn; o n ] A o .
P fa? - S ot - Rt - ok A s
- (n—+4: )ijl—:si!n-]-s) K ete.

:.. Y e g TAe? g leded ] TedeT gl (n_{_;; n.—+-o Nef=s
Q T 2 v + [ -4=3 x - z == =2
L (n+s5)(nd-7 (n—f-ﬁ)xn—}-s

Zs FTe 4.

ex quibus, colligitur fore.
Q=Px—i(n-t 1)dex—--(n—-:)mf””

Hinc ergo ex valore S () definiri poteft valor
S (n - 2) excepto quidem cafu #=1, quia tuim .
in [2L2% occurret f-—. »

At quia iam conflat cafis

—E Xk — ) ( —
S (3) = r=Lxe CETLE: (£ 42)

fi hic pro P fumatur , flet
S(s)_..Px-— 2 fPdx—xxfT2F,

quse per integrationem euoluta dat | |
S(5) =2 (1-—153..;1,—{——10.% -(1+zx—9xx) V{(z—4h

Pofito ergo x =4 fit S (5) == , idcogue
Lo—S (5) == 555

. 2°
1g. Sit porro 7= 5 et
: P.__ao(l—xsxx+xox (142 x— g 2x)Y{r—4%)
erit S(7)=Px—38fPdz— o xxf7i5),
guibus: integralibus euolutis-tandem ‘feperitut-:

S{7)
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S(M)= k(1 —28 2w 365 -—14,1: —(1ex—2240+2 0% )V(:—4x))
Poflito -ergo » — : fit . .

S = (1 =54 F— )=
hincque S (D=

Quare fi, quae had&enus inuenimus, colligamus, etiam
fequentes valores conieGura facile obtinebimus:

S{1)— 2

o6 : z.hlzr
T 1 —_— 1

SG) =i T
e T . 1

(7) a. z’ T 2I% 7 T e ge2?”

20. Hinc igitar tandem pro Z fequentern Yas

lorem adipifcimur:

Z—1__am _ gmwt q:q'rﬁ . §mr _emf S —efC,
—— N -
¥ Segeg®  Sebegt 7erez® g 10.2% | 112,20

Cita vt fic | ,
-z+33+ﬁg+ Lbetc. = g'er feu

aor.'n"" 28&1"- syl ate,

I-StStStetcamr-ms—2 T
Cuius feriei’ vt fimmam inueftigemus , confideremus
m tanquam quastitatem variabilem , faGogque ¥ =
ponamus |

aQ)*__l_Gq)é +'1’¢' . § Pro ~}-ete, = F

. DI
erit 12—’ 4 B0 P —-1—8(}) —-etc. =

vide formemus ¢

2~z_2ao¢q>+4.a€(b“ 4wy(})+4a§¢ ety
" 4288 +4.§'y
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oM™ a . — 4 OB — Y4288
Jam quiz 8= 18%; neom t8; §o—ea¥kaBE e
erit

2 [22dP=8Q° 4+ ¢ -3 —J—wetc::sz 0}
hincque

”d”)*“"ffq)—{—@dz_ 32 QPO

. Cum nunc fit _a;::é, reper;tur pee in=
| tegrationem :

=i~ b, vti tentanti patebit.

Hinc ecum dds —2d @, colligitur

ds — _— $d¢

i ._f3dq)_5® fra::g.
et s =3 — fd@fzfni‘p@, ideoque

i ;-5 et ::gvrar-——q3®+f befﬂf,g,%
et ob CI):Z’ fcu m—2 Q efit |
: oyt Ty P 4P .
I+§‘_§+s—’.+§3+etc qu)fgng¢®-ff$ndg¢¢ fm?gdg

=2/ QdPlfin, Q-1 fdPHin. P

at e{’cfd(le’ncp,_ ”ﬁ o '
ergo :

14 GGk ete --”lz-z—zfcbdéblﬁn 1)]

vbi integralibus ira fumtis y VE euaneﬁ:ant pofito
D = o, Ratui deinceps debet O =T, vt thmeatur
famma ferie; propofitze.  Etfi aurem  iategra-
tio inflituj nequit , - tamen per quadraturas eius

valor
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valor definiri poteft. At vero ipfa feries ante in-

venta per Z maxime eft idonea ad fummam proxi-

me determinandam.

22. Hinc anfam ‘arripio accuratius ifiam feriem
perpendendi :
P _...:’;1 et +n+ : ] 1 {n+:)xu+z - (n—];z)S:H- 4)xn+s
T - - (n~+-z)(n+s)(n+a)xn++ + etc,

s Fs 4

cuius valores pro cafibus , quibus # eft numerus in-

teger impar , methodo ﬁngulau determmauxmus,
qui ita fe habent :

=13 (x+2x——1/(x—4x)

15 P:E;( —6xx—(1+22)V (1~41)

n=5; P=g(1—152etr08"—(14-20—0x2)V(1=42))

#==7; P=r(1-28x04-564° 140"~ (14 2422 xxt20x" ) V(2-4%0)
Quare cum fummatio in genere ad aequationem dif-

ferentialem reduci queat, operae pretivm videtur

‘examinare, quomodo his cafibus ifti valores fatisfa~ .

ciant, Conueniet autem potius dlﬂ”crcnnaha confide-
rari , quae funt

— d‘P_ oy |
finz=x; 5 =i (1 yptg)

1= 3; g-z:% (-'-?H- )

V(r—e—m)
—s GP .:c—gx
—— GF - 5
2=, ﬁ__z(—x.}.axx_x +m+5x

Y {1 — 4+ ¥
23 In genere zutem eft differentiando ;

g_; g1 + nx ’i‘ fn+:J(n+z} Pl +(ﬂ+:‘)(n:.—s)(: 4-4) x"+’+etc.

A a3 ' Pona-
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P A — clP__. cIP _—
Popamus ¥ =y y et .- = So. =, vt habeamus

J.:j,zn-—-z"_-_njm_l_ (n_[::;r:.l_. )Jzn+z+ {3 24300 -4} _y’“““*—{—etc

Ise 2+ 3

vnde fit -
a
‘y —nj ___‘y + nyn"i" + (n—l—t)(n'_""‘z)‘y‘n"l"‘f‘ +(?I'.—‘—‘!)(?I—]— 3){?1.-{-—4-) }?[—*-

1» 2. 3

hincque porro s

-.a%?—n—:-'—yz(?z—- )Y rh i)<ﬂ+2_2 "
_+m+ﬂWi?@j@W+@yma+am

Eft vero etiam: _
- (n-+- I)(fii!r 21{?2—:3) (n+4) et

quae. mulsiplicata per p°—*" et ‘denuo differentiata
_,p,roducu

zd( =2, -—):nﬂ-—l)er

n+ﬂw+ﬂm+wm+ﬂ
-+
1.2
‘quae feries per fuperiorem etiam eft
_yTrdd(y )
Rl _dj' kR
ita vtinter ¢ et y hanc habeamus aequationem
A(Fd B = g AT )

n(n+ )(fa -}-2) .

44

3 ~t=etc.
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24, Sumto elemento 4y conflante haec aequa-
tio: enoluta dat ; ,
Jrdd s (1 =2 )yt dyds — 4 (1 —n) ytsdy' =
4y dds4-8 {2 -n) ydydst-4 (2-#)( 1-7) y’-‘_’z".rt!};
quae per »*"—*' mulriplicata abit in hanc:
Jy(t-4yy)dds-(1—2n) ydyds—4(1—n)sdy”

— 8(2-1) y*dyds—a(2—n)(x—1) pysdy"
quae poﬁto Jy =« [umtoque 4.x conftante trans-
- formatur in hanc
xx(1—4x)dds+(x—n)xdxds—( r-—-n).rdx
| —2(5—2n)xxdxds—(2—n) 1—n)sxdx’

vhi eft ¢ = 4P feu P=/sdx Integrationes antem

hac lege mihtm debent, vt exiftente » infinite par-
vo fiat, -

== 1)a" " s =A™ et P=ian

—0

- 25. Si haec aequatio per feriem infinitam ine
tegretur , incipiendo a termino &%, ipfa propofita
feries reProduatur, fed etiam initium fieri poteft a
termino conftante x°, vnde quoque ‘integrale obtine-
tur , quod autem’ nofiris conditionibus non fatis facit;
verum praeterea aliud integrale elici poteft, quod
cum illo coniundim negotinm conficit. Fingatur
crgo o

+=04-Ax4-Bx"+Ca’-Da'+ Ea’+ Fa'tete
erit. E‘—‘ * = A{-2Ba-4-3Can—+-4Dx"4-5 Ex*+6 Fa’+ ete.
et jd’:zB+6Cx+12Dxa.+zoEx +33FJL ++2Gx tetc,

| qmbus
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quibus feriebus fubQitutis fiexi oportet :

L (zen){r JO%-—{2um) (1 ) A% 2on)) wR )BT {2 =) 1~ 2 )C R b (2-W0 runiDx8
A=A 8 (r-n)B -4-( z(BK—-n}C -i—(s,(lz(n)DJ —i—gfl-*-)-{n) E
—{1—7n)A  —~ a(5e2mA — (5.—211)3 — 6({5—2n)C —#{ gz} D eic.
—_— (fem=n) B 6 — {(1—n)D — {1—n} E
- 2 B — ? B + 12z D ~= 20 E
24 G — FERD )]

quae gaequatio reducitur ad hanc formam ;

-(1—-?1)0-—(;«-11,)( =)0 (2 — 2)BA? -2 [ 4w ICHF 43 (5—n)D24eds (6 — 1) E -
. ) __*.-..ﬁ?'._n}[}..n)a—.]__[zs:n (s-n,B .--?fy—r')(s-mé-}—_(s— ny m-—n)D ele.g %

u-—-o

26. Singulis ergo terminis ad nihilum  per-
duétis , fieri debet O —=o nifi fit #. = 1, ar pro re-
liquis coefficientibus habebitug

B :(s—n)(+—n) A:4-—n A

1(a—mn)

e (s — )5 =t} T2 — (@—-ﬁ)fﬁ—-r}
C=foni=wp— A
D—f=nE—n 00— (6——ﬂ)(?—n)(a—n)A

g (5 ==m) - 2. 3
B omlomnle=n 1y — (7 —n)fs — 3o —n) (o — ) A
+ (6 — 1) r 2 33 4

etc, N

vnde lex progreffionis eft manifefla.  Cafu autem
# — 1 quantitas O manet jndefinita, tum antem
aequationi farisfit , reliquis coefficientibus omnibus
annihilatis , ita vt fit 5 == O, etiamfi ex his deter~
minationibus valores gquogue finiti pro iis affumi
pofient veluti

B=iA; Cz2fA; D= ”‘7Actc.
vade integrale completum foret s
s=O A4 (x4 8x +"—‘x g B 07 4t +5 cll ""9x 4 ete.

l 2e 3
29. Simili modo pro religuis caﬁ‘bus , quibus
7 eft numerus integer, fit quidem O =0, fed A
numerus arbitrarins , fed praeterea alivs quidam
, . coeffi-
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coefficiens etiam non definitur , quem propteres pro
Inbitu affumere licet. Quare fi is = o ponatur,
habebitur integrale terminis finitis contcntum quod
ita-fe habebit: 7 s
fin=3; O=o0; Aindef B=—o; C=oetc. BT
fin=14;.0=o0; Aindef. B—a; C=oetc. : -
fin=35; O=o; Aindef, B=—-A; C=o0; D=0 etc.’
fin=6; O=c; Aindef. Bo~2A; C=0; D=—o etc.
fin=+9; O=o0; Aindef B=-3A; C=A; D=o; etc.
in=8; O=o; A indef, B=-44; CofA; D—oj;Ezoetc.
fi 71:9; O=—o0; Aindef B=-5A; Cz A D:"“!‘::.‘jﬁ_; E—o
f rz::m;O—o,; Aindefi B=~6A; C=fA; D==2"t4; E=o
—11;0=0; Aindef. Bz~-7A; C=2£A; D—'"”’A Hom 2 A,

28, Ecce ergo pro omnibus <afibus ,  quibus n

cft pumerus integer pofitinus praeter # =2 integra- °
lia “particularia, vnde partes rationales formularum
fupra pro 2% inuentarum colligi poﬁ’unt

fis= 15 5=0

fin= 3; s—Ax

finzs 4; s=Ax o

i n= 5; s==A{x~ax) te

fin= 6; s—Ax—2xx) ,

i n—=9; s—A{x—gxx+ax’)

i n— 8; s=A(w—gxxr4+32"

L= 9; s=A(x—s5a8+6x"~)

fi n=i0; s A(x— 6¢x+xoa *—4..:!:)

fi n:'.:ix, F=A(x— 79,13—1—151: -—-zosu +w)

fin—1o; sy=A(x—8x m-—{—zm. —204"4 5 &°).

Tom. X VIIL Nou Comm. .~ 'Bb: 29¢
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29. Pro numero ergo quocunque » integrale
hoc particulare eft
J—ACy— (n-—4) X & - (n—-sJ(n—sJ 2 — (n—s)(n—-v —7)1tm) gt g

z

+( n-—-r)(n——sxn——n)(n-—m) a' -— etC.

Ia 24 Za 4

quae feries etfi in infinitum continuata fatisfacit, ta-
en cum quispiam terminus cuanuerit, fequentes
omwnes omittere licet , quippe qui feorfim fumti
aliud integrale particulare praeberent.

Ceterum hinc euidens eft, quamlibet harum formula-
rum ex binis praecedentibus ita definivi, vt fi pro
cafibus # —v, ¥ =y -1, nz=y -} 2, valor ipfius
& ponantur s, s/, ¢/ futurum fit

=g -
fiquidem conftans A in omunibus eundem valorem
‘retineat.  Atque vi huius legis pro cafi #n=—= =
{tatui oportet s — o. Verum vti iam monui, haec
integralia partxculalm poftris conditionibus non fatis-
faciunt , verumtamien partes rationales fuppeditant
vti mox videbimus.

0. Vit autem completa integralia ernamus,
aliz integralia particularia ioueftigemus, quae partes
irrationales praebeant. In hunc finem ponamus

o 3 it do= dt 4 stdx
§= ~— eri :
- V(1 ~— TV(i—4% z
V(1 —-gx) (=427 L)
- dd dxd? 12tdy’
ct dd.r ddi 4dx ? Iztd{__

—_ + . 3 5
Y(I_‘}x) (1—4xF (1—42%)

quibus
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quibus fubflitutis nofira aequatio differentio - differen~
tialis abibit in hapnc formam: , :

xx(1—ax)ddi—(n— 1)z dtdxs(i—1}ids _

— o(2n-8)uxdtdx—n(n—1yixdr s

Ponatur hic :

= A +Br-Ca* D2 +Ex'+F 4 +G £ ete.
faftaque fubftitutione peruenitur ad hane aequationem:
o =(n-1)A-n(n-1)A- (- 3)Cxx—oin-4)Dx"—3(n-5 yE & cte
' —{;z-z)(n—a\B—(rz—q.)\n—s)Cf(ﬁ—ﬁ')(zz—v)D )
nifi ergo # = 1 debet efle A ——o, et pro reliquis
fit '

C=—fp=n—dP—_C=2]

1 (2 —3)
1 —2){n — 5)

D —00—9Cx 4 E=0E=9F
- PR - 1= 2

—_— (=8 —7) — _lr—ae—8a— P
E_" 3 (n——13) D""" ) 1. 20 3 L'

g1. Ex his ergo valores finiti ipfius # pro
fingulis numeris integris » ita {fe habebunt:

fi n= 13 1=A
fi n—= 2; t—Bu
i n1— 3; t=Bux ,
fi n—= 43 t=B(x—2x4)
fi n—= 5; t=B{x—3x%)
i n— 6; I:B(x—4xx+zxs)
" fi n= 7; t=B(x—52x+5%)
fi n— 8; t—B(x—6xxtox —2")
fi = 9; t=B@—722+ 148 —7%) ~ ?
fi n—10; I=B(x—8xx+20% — 16 4"+ 2%°)

et in genere

Bb 2 | t—3
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t - B - H’I-—- 7-\ + [f, e )\n-—-ux (n—a)fnfﬁ‘[n—-:!_] x"

+ (n——z){ln«-y) n—-s)(r—-ail —Cte

2 2 3a

vbi iterum vt ante # — ! — ¢ .

32. Quemadmodum {'uprq feriem P defignani-
mus per S (m), i feriem s =% per = (n) defigne—-
mus , erit generatim '

Z (1) =—A+ 2 hic A=~ et B=
= (2) = o+ 282 vt hae formae ad feriem pro-

V{1 ey}

Z(3) = Ax—}—ﬂfff 5, pofitam accommodentur.

2(4_):Am+33(x—~zm:c}

Vi —4x}
Z(s)= A (w-xxpp LEmizd

o gpanyy Blw — 224 x‘)
2{6)__A(x-—_.l.'}-)+ 1;(.4_,_4__«;)2

-— - PR Bl —5 X x4 s 27)
E(7)= Ab—gaxy 2 ) ST

) a Bix — T s 24}
3 (8) = A (x—arga) Hesjgrtug =l

— o . W + Blamm7 X425y 4}
S (9)m A(x—5ax46a—x" )T

x—8x Xf-20X 51 62F 4205}

=Ty

Z(10)=A{x—6 xx+ 10X —4 % )—1—3‘
etc.

33. Quoniam hi vilores feriem recurrentem
conftituune , cum quisque aequetur praecedentmm
vltimo, demro penultimo per x multiplicato , termi-
nus generalis feu valor = (#) finite exprimi pote-
rit, erit enim ex proprictate ferierum recurren- .
tinm ¢

Z(n)=M

2
vbi
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vbi ex binis primis coefficientes M et N ita defi-
nisntur ve fit | '
— A= B (2 = Y [ — 4 B — A—i-B (I-V{I—H:J)

- 2 &V {1 — & 2] xw’(:-—#)
’ -—-(3--11'15(‘—295—4—\’(!-—--#&))_-— Be—A 1= ¥ (1 4XpT
N z:c‘\/(l—q-x) - x\’(l-—uc)( z - J)

LRl

' Cum aptem  pIO nofiro. .cafu fit A= -z ct B=
erit

5 (n):xv(ll__%x) (14-1/(1—4.1?'))( -V I 4.1)>

x 1 =V (@—4NT

{Eu'E(n):WI_+x) 5 ""dx

exiftente

‘ P #‘ 1 +n2—n Vi + t"+17 pt-? + (ﬂ+=}fn+43 [ n i
5

- (sl (n_;..z)xn-l-s)l'ﬂ—i-ﬁ) xﬂ+++ etc.

2» 3-4

34+ Huius ergo ﬁeriei valor , quem ponimus
P et ' | : o
Cxdx =Y @—anN"t
| ""f'VLx o\ 2 - |
‘ad quod mtegrale 1nuemendum ponatur ‘—""""“‘) =

er1t
et x—x—JJy, Wnde fit

P= e LT

= [dy (y=g Y=~ g, deodue
— 1 —TL ’
_,“;';H_,)y J" feu

| .N-P.-'_**:;t:fi’,:”"( =Y = S () poﬁco 3=

. d]"—"\f(l-—-'tx)

Y

 Bba | vnde
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vyide pro formulis fupra (14) expofitis coligitur
142 : '

S0 = s e

hincque vti formulae ibi fe habent :
1 I

(n1)2 n—i:T_S (ﬂj:— '""ﬂ--i—— I);
quae expreflio prorfis congruit cum ifs, quas fupra
§. 19. fola indu@ione nixi dedimus, ita vt nonc
quidem .nullum amplius dubium fupereﬂb poffit.

85. Deinde memorabile eft, huius aequationis
dlﬂ”erenuo-diﬁ?arentlahs
a¥(1—ax)dds—(n—~ 1) xdxds +(n—1)5dx"
+2(2n-5)xxdxds—(n—1 (n—z)mdxs
integrale completum et quldem algebraicum affi gnau
poffe, quod ex praecedentibus ita fe habet : :
Cx - :+'V(I—4x)>"*’ Dx. 1V 1-4.;;))"““’
= ¥V (1-4%) | V(I—%)( o
quod quomode ‘per integrationem inde erui queat,
non tam facile patet. Hinc tamen flatim- intelligi=-
tur , fubflitutionem s = =55 Plurimum efle pro-
futuram, pofito enim in §. go; # = x haec acqua-
tio nafcitur o
- xx(1—4X)ddu—(n— g)xdxdu—(n-2)n-g)xuds’=o feu
+2(an-7)xxdydu
Mr-—-.q,x)ddu-—(ﬂ 3)d.w’u——(n—2)(n——3)ur]x —o0
zfzﬂm'])xdvdu - .
- guius- ergo-integraleeft-

'1/ —_ Moz I, ‘__‘ o Uiz
u=C 14 (: 4%)7 4D E__Zix 4.1.)] '

o

36.
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- -86. Si in hac aequatione ponatur V(1-44)=2,
et clementum 4y vt conftans introdacatur, prodi~
bit ifta aejuatio fimplicior .

(1—yddu+2n— 3)ydydu—(n —2)n—3)udy'=o0
cuius integrale iam effe conf’rat )

u__C<I+}’ D(I_y

Quo igitur pateat , quomodo haec inde elici queat,
ponamus # = m - 2 Vvt habeamus:
(1—yp)ddu—2o(m—1)ydydu—u(n— 1udy’—o
vbi commode teatari pofle patet hanc pofitionem
= (a4 6 y)"‘ ,
vnde fit
d’u.-m@dy(o&-[—@_y)’"" et ddu:m(m--x)é’@cly (a+€_y)”'"‘
quo facto erit '
m {m—1,(o+-8 )" (BE(x J’J)+2€(oy'+€ﬂ) -a0-208-E87y)=0
ideoque
E8=aaj; ergo u=1Clz +y)"‘
Atque ob fignum ambiguum obtmeb'tur integrale
completum
4=CQ+)"+Da~n"
37 ‘Ceternm notaffe iuuabit hanc poftremam
qequationem
(x ~gpddute(m—1) ydydu—m m(m=—1udy =o
- reddi  integrabilem, fi-dinidator per{x 3 y)"" Prior -
vero aequatio :
x(x ~ 4 x)ddu~(n— 3)dxdu—(n—2)(n—g)uda’=o
ot 2(2n—7)xd.xdu . . in-
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integrabilis ‘eundet fi multiplicetur per -
e R T LV
In genere autem propofita hic acquatione
M(A+Bx\da’u+ (20+2) A wdadutio(A—2)Audy’ o
i 20+ M1 ) Bawdudu-+ia(d-1) Baudx” %
fi ea multiplicetur per
“"du—i—ax— wdx,
fier integrabilis , eritgue mter{r.ﬂ
(A+B X) 4 o™ A4-Bax) ududﬂ«am"“"(A—i—Bx}zg a’x’:iCdx
feu x"a’u +2 ax"“udﬂd&-{—aaﬁ“’z# da’ =4

T A-REBx
€rgo :l:“ du-l-ota:i?\ uda. V?f_‘:_g ) hmcque '
. CO—iA .
LAl T dxV C.
V(A ~4-Bzx)

38. In hac agtem aequatione generall noﬁra
fuperior non continetur : quare conditiones aequatlo--,
nis huius

xx(A+Bx)da’u+ :L(C~i Dv)dudx+(E+Fx)uda. =0
“accuratius inueftigemus , vt per
A_zdu"l"a-ll_zﬂdx: Co

mulriplicata fiat integrabilis, Ac primo q’uidém in-
tegrale fit

1y (A+Bx)a’z: a2’ "(A+Bu)udud x+ 25 x"-’uua’a |
. J R P u d.:L :Ga’.ﬂ-=I _
requiritur autem , vt fit primo = '
C=(e3 mA D,—-(a+ x+ )B
: tum
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. .tum_ verg. triplici modo

L vel E:;a(h—_' 2) A et F::;cx (A—1)B qui eft ¢i-
= ' . {fus - fuperior

II vel ?v-za-\-z F ,..Ea(m-!‘-z)B manente B indefinito
111, vel A=2at1; E=ja(20-1) A manente: F indefinito.

i9. En ergo duas aequationes differentio- diffe~
rentiales fatis late patetifes., quas hac methodo inte-
grale licet :

' I xx(A+B.x)eru+('- a+1)Amdad:¢+E wdx
- (za—{-‘ijd;tdu +i a(2a+z)]3xuda =0

quae Pper

Tt dy - axt a—144x
multlpllCdta integrale dat . . »
x4+ A+-Ba)du +a.m’“‘“’(A+BA)zm’udx+ E.a.‘“uua’x
o aeBa ““uua’.:t
- Altera vero forma eft - ‘
11. #(A--Ba)ddut-(2a+41) A x dadut iz o—1)Audy®
’ (2ot 1)Brxdxduy- ~ Faudy'=o
quae per o | |
Pe='dytoaxt"2gdx
multxphcata iftud fuppeditat integrale :-
jxee+ (A+Ba)du’+ax ’“(A—l—Bx)ududx-i—,maAa.’“"“u dx’_

+iFxcddx —

in przorlﬁ ponatur A=1, B-~-4 et o4 1=-n+3,
~ atque B = o prodit aequano i §. 35 propofita. .-

Tom. XVII. Nou.Comm. Lc 40s

=Gdx’,

=Gda’.
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40. Verum alia datar via fummam progres-
fionis §. 23

.‘:il ;’_. R X xn+(n+ Yn+z)‘1‘n+1+ (n—t-z)fr:—;-:)fn-{-#)xn—-l-z_i_ctc,

inueftigandi, in qua quia x vt conﬁaus fpc&atur,
confideremus hanc feriem 1 o

Iml_,‘__ d+[n+1)(n+z)a __l__{n+z)(n+z)(n+4)a - etC,
vbn aaq—2x et " Ly P—a"'s lam in fubﬁdmm
- wocetur haec fcl‘le

(I+ay)‘“+'+(r—-ay)“"‘*" (n—1)n

> "= I 2~—a ay
(n—r)n(”+1)(n+ 2) o

L. 2. 5 4 J —-etc.

pto vna fcribamus breuitatis gratia
14+ Ady +Bdy +4- C a* y* t-etc.
eritque
s=1- ———Aa i .)nBa T s Ca'etc.

-a}(n+1)
Statuatur nunc
s:zfdz(x+Aaj+Bay ‘4-Ca®y’ +etc)
ac fieri oportet
Sryda=g=/d5
fy‘d,z-—f—f‘yydz
fy‘dz..._._-—fy dz

N1
ideoque ingenere
fprdr= et T d s

n-i-?s--s




- fi poft integrationem ipfi y certus valor tribuatur,

41, Ponamus er-‘gbﬂ effe ingenere: ,
2= Qyr—
A T —_— ﬂ.—-: I
[y dz_‘n—i—h fy a’z—l—”_i_?\

hincque’ dlﬁ'ercnnando et per ¥ ks dmidendo colli=-
gitur _ -
(# +l—2)yydz (27&-— r)dz—l‘.ya'Q-i—(z?x—x)de:_
qﬂﬂe aequatio pro omaibus numeris A locum haberé
debet , vnde .erit '
tam _yydz_. 2dz+szj
quam (#—2)pyds =—dz-+ydQ—Qdy

—20dy — 2dQ—04dy ypde fit -
crg0 4% = Fy—z2 T [n—2)ry4c

. £
: — — Y At )
Voclrmibds, et Q=(2-77)

hincque

H'z:;'—zdyj(z-—_y_y)nr R
Quare -pofito -poft integrationem -
_}’:1/2 ﬁtf_yz)‘dz— 2 A =1 fyih—gdz

R

Teperiturque ‘
. - ~+1
fdy(ﬁ—vﬁ ({x +ay)' Y a—ay) + )
2fdy (2 =y
fi poft integrationcm ponatur y =V 2.

" 42. Etfi autem haec methodus ftatim pro fume

zzia quaeﬁta formulam integralem exhibet, tamen -
- T Cc 2 - yerum
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verum valorem in expreffione algebraica non often~
dit. In {uperioribus autem vidimus effe

=2

dj_ % __(1—-1/(!—+3=)\
dx 7 Y(1i—ax) s 4

vnde concludimups fore hic

= () (e

Quare i ﬂatuamus 2x—aa, ¢t fupenor;s formu-
la¢ integralis cafii y =V 2 erit valor algebraicus: -

I /:—V(:-—aaa))"-'
- V(I—zaa)\ - aa
quae circumflantia minime contemnenda videtur,’

cum forte hinc plura alia praeclara in hoc genere:
deriuare liceat,
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